ABSTRACT. In this paper we characterize hereditarily-normal spaces in terms of the measure-theoretic properties of the lattice of closed sets. We then generalize from that lattice to other lattices. We apply the results to extremallydisconnected spaces.
INTRODUCTION
We can devise two measure-theoretic characterizations of hereditarily-normal spaces. First We begin by giving a few definitions (we note that our lattice methods and terminology are consistent with standard usage, e.g., Camacho [1] , Eid [4] , Szeto [8] 
MAIN RESULTS
The following (see Eid [4] and Frolik [5] We have thus proved the contrapositive and thus the original theorem that ifX has the measure-tree property then it is hereditarily normal.1 [6] , Chapter 14) then it is hereditarily normal. We can also easily prove the well-known results that a z-ideal in an F-space belongs to a chain from a minimal ideal to a maximal ideal.
The obvious conclusion the property of being an F-space is hereditary is false. Dow [3] constructed an F-space with an open subspace which is not an F-space. This can be reconciled with the fact that the lattice of cozero sets in an F-space is hereditarily normal. The members of the normal descendant lattice on the subspace consist of those cozero sets inherited from the original space. However, not every cozero set in the subspace has been inherited from the original space. The cozero sets of a subspace can include additional sets if there are more continuous functions on the subspace than on the original space.
At this point we have two questions: 1) Are there any spaces which are normal and extremally disconnected but which are not hereditarily extremally disconnected? 2) Are there any spaces which are hereditarily normal and extremally disconnected but which are not discrete?
The answer to the first question is yes. The Stone-(ech compactification of the integers (fiN, Example 111 in Steen and Seebach [7] ) is the Stone space of a complete algebra. It is therefore normal and extremally disconnected.
The power set of the integers modulo the ideal of finite sets is incomplete so there its Stone space is not extremally disconnected even thought it is a subspace of fiN. This means that fin is not hereditarily extremally disconnected even though it is normal and extremally disconnected.
The answer to the second question is also yes. If we consider the single ultrafilter (Example 114 in Steen and Seebach [7] ) we can see that this space must be extremally disconnected because if there are two dsjoint open sets, at least one of them does not belong to the particular ultrafilter and it must therefore be closed. The two sets can therefore be separated by clopen sets. The space must also be hereditarily normal. It is countable and thus hereditarily Lindel0f. A regular hereditarily-Lindelof space is hereditarily normal.
